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2. . A . 1 A 2
. F. Riesz [3] .
1. $A$ $B$
. $P_{A} \text{ }P_{B}\text{ }\frac{1}{n+1}k\sum^{n}=0A^{k}\text{ }\frac{1}{n+1}\sum^{n}k=0B^{k}\sigma$ )
. $x\in \mathcal{H}$ ,
$\lim_{narrow\infty}\frac{1}{n+1}\sum_{0k=}^{n}\frac{1}{k+1}\sum_{=i0}^{k}Ak-iBix=PAP_{B}x$ .
. $R_{n}$ .
$x\in \mathcal{H}$ , $x_{n}$ . $x_{n}=B^{n}x$
$\{x_{n}-x_{n+1}|n=0,1,2, \ldots\}$
$j\mathrm{s}y$ $\langle x_{n}|y\rangle=\langle x_{n+1}|y\rangle=\langle x|y\rangle$ . A
$\langle x|y\rangle=\langle\frac{1}{n+1}\sum x_{k}|y\rangle n=\lim_{narrow\infty}\langle\frac{1}{n+1}\sum X_{k}|ny\rangle=\langle P_{A}x|y\rangle$ .
$k=0$ $k=0$
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2. $A$ $B$ .
$\frac{1}{k+1}\sum_{i=0}^{k}A^{k}-iBi$ $(*)$ .
$(*)FP_{A}E=FP_{B}E=FE$ or $FAE\neq FBE$ ,
$F,$ $E$ $A,$ $B$ .












$AB=BA$ t $dim(\mathcal{H})<+\infty$ ,
$(*) \text{ _{ } }\frac{1}{k+1}\sum_{i=0}^{k}$ Ak
.



















4. $A$ $B$ H









. $(arrow)\lambda=\mu$ . 2
$\delta_{\lambda,1}F_{\lambda}E_{\mu}=\delta_{1.\mu}F_{\lambda\prime}E_{\mu}=F_{\lambda}E_{\mu}=\delta_{\lambda,\mu}F_{\lambda}E_{\mu}$ .
$\delta_{\lambda,11}\delta,F_{\lambda}E_{\mu}\mu=\delta_{1,\mu}2F_{\lambda\mu}E=\delta_{1,\mu\lambda}FE_{\mu}=\delta_{\lambda,\mu}F_{\lambda}E_{\mu}$ .
$( arrow)\text{ }\frac{1}{k+1}$ $. \sum_{=0}^{k}A^{k}-iB\dot{?\prime}$ .
$\frac{1}{k+1}\sum_{i=0}^{k}Ak-iBi=\sum_{\lambda,\mu}\frac{1}{k+1}\sum_{i=0}^{k}\lambda k-i\mu F_{\lambda}iE_{\mu}$ .

















$(I-A)P_{A}=0$ , $P_{B}(I-B)=(I-B)P_{B}=0$ ,
.
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